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Abstract: In many situations, geometric objects on a space have some kind of singular support, which refines the usual support. For instance, for
smooth X, the singular support of a D-module (or a perverse sheaf) on X is as a conical subset of the cotangent bundle; similarly, for quasi-smooth
X, the singular support of a coherent sheaf on X is a conical subset of the cohomologically shifted cotangent bundle. | would like to describe a
higher categorical version of this notion.

Let X be asmooth variety, and let Z be a closed conical isotropic subset of the cotangent bundle of X. | will define a 2-category associated with Z;
its objects may be viewed as "categories over X with singular support in Z'. In particular, if Z is the zero section, we simply consider categories over
Z inthe usual sense.

This talk is based on a joint project with D.Gaitsgory. The project is motivated by the local geometric Langlands correspondence; | plan to sketch
the relation with the Langlands correspondence in the talk.

Pirsa: 16040075 Page 1/27



oo . e
”\’“*“’;Tim " oihyd

—_—

= q SmeSTh
er

J S kam




OW“‘L"\N/ D Gﬁ(\t&}or A

. .

e X = Q Stesth

L G\ %gk V\J\.\




Pirsa: 16040075 Page 4/27




irsa: 16040075 Page 5/27




Pi Page 6/27




%\ N\tﬁ\vt&\m\ L%\%
OLDH\\L /‘D Gq“L

o COMR.&S (k‘okl& gu‘oy.'t‘
S\\x{ﬂguﬂ,ﬁ:} < H'(rxf‘ X‘

o
£

G o\&@ S
R (?F) / (\/)

Page 7/27







= 27(0)

N
\\
S vwo—oir\/\ Y L‘dm, < gff\cv\

JT XQKK o \(x«g)\<< \W\OW(XD:O(\ .
/= M g LT Sl BT
)‘* __;\k,\i}i.gd oL B o (@ Ny

,







\‘;mjv’\/\ Veckst pACe

\‘\h\rv >< ——_—: \ / \<< o ()>_ QE\C__ .\\/ /
/s H ) — BT S A
5 {\’\(} i\a}*(}) = guwoﬁ. Q“L D«f\t ( .

—_—

0




CCL O\’S-U\.\ Sw\nm% C@‘« (X CCD\/\(X)
- B mﬁzcw%?eco\m\@\% Lo

Ch Y




C‘r\{'L Ourg-u\,\ SWLL&W CO\«\ (X CC/O\I\(X) |
S < ?QC«D\\QQ Q\ 1;5-_22 '

P«»M (- ““ aﬂ?@\' u»\
Gl M(COL (x) Tl

S Cl() <Gl Tl (01T w\




.'.l,\a' gw\)? \'th\cwvb % WV&M €S2
1N 6 =TGR

i 'wJL'r Q(%m»\\ ((& Kncﬁ\\%o\*lé\r\\




\ i “_'k: (.\ W - -
* 3} Wehveton: LQ ool
DML / D G‘« Rgof

—_—

N\ ) AV IS SIINESW /N Q- Shestn

(0ffns)

Q\._;, \.’\_.LQJJO\, (_jg ®)'<- Q\ NPV C’J}V /)( \} kc’\\ Q\/\\\
Q('D\\_/V\\:_ N\-:Jh\ LS

-

R

move| €ess

: 16040075 -




R . - i =9 AN |
HS\"\Q i (F)= SuFM‘AL AU(BF) o e 5\7.,‘,‘\’(\,)\.,\.‘,\\({,,(#

- EE——— - m

&
JV\\?\JDK “‘E“' \ — )Q LS %h,«.@o’\'tq Il s
X

%
7 X

\
Ny
X

?fo‘w

|
S erad

@ (,0\/\(\< K;( > v

\( (




; \ 3 : i, y \7"’\ \ 4 / |
g\V\g V\ﬁﬁf G:): SL\PfG‘P*“.{ Eﬁt“(EF) o) @( ® S\jlb'\’(\/)ﬂ,\hw(uf\
_J__:!i -

"V‘/“JD'K‘—‘TLE I ilimmeans
DR

AN
N

x LOM@(«A‘L@/\

Wi Propee diad {Q SO)-Mod

AMAUN




\ | 1 N
Sing b (F)= Squm*& PRE(ST) on @5y

waltcms ___—‘_.__-_‘;-'__'m

&
IV, ’\JD'\P& “T:'I[ _ \ —= A o - \
U(\( - @LD\A( S %mmﬁda T Hjm(\ =
,\ S e \\
N (K;f) S MMK&& V=

'?'( : LDMQK\&(M

~(An) l-(W(' _




[ /) | \\/ \/ [
\

_lfff_:— K)(\ IS SvesTthh houﬁ \r\o‘\‘ Srv»ost\.

bt (TGO ) Mhad




Pi

: 16040075

BRIV th ()

&QH\\L /D Gc\ {gﬁ%r |

SR e =Ses,

KO ZUL\ +1M\§ V n\

2
N

RS ¢ W ﬁ@) Q\/\ c» o '  o H_Ti

'i |
ﬁ\ \m/-l\ (KIL\< } 5 < MMU\ | /w\ (T Xl x (’\‘ Ao | \/

K«(

C\\)(Q‘J\( "4 )E[MOO(’)‘@(}}@

—

— [ P——

Page 20/27




kfg.;‘. I v

\/——:\ \~ __-—#EK'@("FF S\IM xli (WL 11:)
S“j S“ﬂ)f’(}z) SMP m\LQ‘{ Mt H M@x H' \’]

< o . e
R

(=SgecSym{TH0 N — 2 ST X
._\:&Gv AN .- \ \ T[ \<¥\<) 1(3 \6 de\()(% NS % \wa oA

' | \ (Yt
\/ {al \ &‘ ' &

\

Cuppar il () =

r —

> /u (TX \ (J‘f("‘

Pirsa: 16040075 Page 21/27




JRUI{LOV %‘ U

= W,fx o ST

—— - =
MON\ ’f ﬁtﬂ%% Xv\ok o * : (




Tidlo \4(\(
M Gah(¢

e \ ‘_ | |
1‘/\}\(./()\'\(\( X ) ‘.:\ LV\OK(-O\'\ \(\k\(\\g mgs ng/XY y E-’ <
DJF (S O’\MV\D\M S“\b(qkm

T\N%Wh 2 QQ@W& Gﬁg MQVRMQU) WU \WL Jueml& O\L O K |

#»

!/'l“; -




C@’\\\W ‘;. p
T 0ed) \«r e m\ S

DJF (S O\MWD\M S‘U\\QQQ

'. | QT\«mm = (,qu&}ma cﬁg M@M Mﬁ i ?










ll (T\\"m ‘ ‘»Qo 4o W\ quxf‘*‘k ““La 0"\% ‘ E

\()‘ s q Smms"’ 2 bk wot Smoo*H\ |
\N\@rm ary (\(-«q £)MedlinC
gl rvm\outf jro KOV«S Ik




